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Abstract. In order to avoid fault-based attacks on cryptographic security modules (e.g., smart-cards), some authors suggest that the computation results should be checked for faults before being transmitted.
In this paper, we describe a potential fault-based attack where key bits
leak only through the information whether the device produces after a
temporary fault a correct answer or not. This information is available to
the adversary even if a check is performed before output.
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Introduction

In order to provide better support for data protection under strong cryptographic
schemes (e.g., the rsa [1] or the ElGamal [2] systems), more and more implementations based on tamper-proof devices (e.g., the smart-card) are proposed.
The main reason for this trend is that smart-cards provide high reliability and
security with large memory capacity and some other characteristics that conventional plastic cards do not have. The cpu in the smart-card controls the data
input and output and prevents unauthorized access to the card. With special
characteristics of computational ability, large memory capacity and security, a
large variety of cryptographic applications benefit from the smart-card. Due to
this popular usage of tamper-resistance, much attention has recently been paid
regarding the security issues of cryptosystems implemented on tamper-proof devices [3–11].
This line of research re-emerged in September 1996 when a Bellcore press
release [12] reported a new kind of attack, the so-called fault-based cryptanalysis.
In the fault-based cryptanalysis model, it is assumed that when an adversary
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has physical access to a tamper-proof device she may purposely induce a certain
type of fault into the device. Based on a set of incorrect responses from the
device, due to the presence of faults, the adversary can then extract the secrets
embedded in the tamper-proof device.

2

Disclaimer

The fault-based cryptanalysis model is somewhat idealized (most cards have
built-in defenses against fault-based attacks [10]) and is thus controversial. Some
researchers [4, 13–16] suggest that faults can be induced by rom overwriting,
eeprom modification, gate destruction, ram remanence, etc. . . To make our attack practical, we need to be able to induce some (random) faults in a given
register, i.e., change its original binary status. Our requirements are strong1 and
may appear hypothetical—We have not performed an actual successful attack
on an existing product.
However, it is our belief that any serious card manufacturer should envisage
that an adversary might be able to bypass the built-in defenses and analyze the
effects of this intrusion. In that context, we will show—and this the main point of
our paper—that checking the computation results for faults does not necessarily
prevent an adversary from learning the secrets embedded in a smart-card.

3

New Fault-Based Attacks

Given the nature of hardware fault-based cryptanalysis, an engineering approach
for attacking, we need to take a closer look at some particular implementation
details to understand and develop new types of attacks.
3.1

Cryptosystem Implementations

Below is the commonly used algorithm for P
computing M d mod N where the
n−1
exponent d is expressed in binary form as d = i=0 di 2i . This method is usually
referred to as the right-to-left binary exponentiation algorithm [17].
In this algorithm, each iteration requires one modular squaring plus one modular multiplication depending on the bit value of di . In most implementations,
both the multiplication and squaring operations are treated by the same routine
in order to simplify and reduce the code. Furthermore, for efficiency reasons, the
multiplication and reduction operations are usually interleaved [18–20].
Suppose that P
the modular multiplication R = AB mod N has to be pern−1
formed. Let A = i=0 ai 2i be the binary expansion of A. Then, grouping t bits
P
t j
into a single memory word, A can be recoded in radix 2t as A = m−1
j=0 Aj (2 )
with m = dn/te. Hence we can write the product of A and B as
R = ((· · · ((Am−1 B)2t + Am−2 B)2t + · · · + A1 B)2t
+A0 B) mod N,
1

Certain attacks appearing in the literature assumes much stronger requirements.
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Input: M, d = (dn−1 , . . . , d0 )2 , N
Output: A = M d mod N
1.1 A ← 1; B ← M
1.2 for i from 0 to n − 1
1.3 if (di = 1) then A ← A · B mod N
1.4 B ← B 2 mod N
1.5 endfor
Fig. 1. Right-to-left binary exponentiation – Algorithm 1.

or in algorithmic form:
Input: A, B, N
Output: R = AB mod N
2.1 R ← 0
2.2 for j from m − 1 downto 0
2.3 R ← (R 2t + Aj B) mod N
2.4 endfor
Fig. 2. Radix 2t interleaved modular multiplication – Algorithm 2.

Replacing the modular multiplications (Lines 1.3 and 1.4 in Algorithm 1) by
the previous procedure, Algorithm 1 can thus be rewritten in a more detailed
way as follows.
3.2

Proposed Attack

To simplify the discussion, we will assume that the aim of an adversary is to find
the secret value of exponent d involved in the evaluation of M d mod N . (Think
for example that d is a secret rsa decryption or signature key.) However, we note
that similar ideas may be applied to recover secret parameters in more complex
computations.
The basic idea of the proposed attack relies on the observation that after
the computation of AB mod N , the result is re-assigned to register A (Line 3.8
in Algorithm 3). Therefore, if one or several bits of error are introduced into
the more significant bit positions of register A, no error will be detected after
restoring the result R into A if the faulty bits belong to words Aj are no longer
required. More precisely, suppose for example that during iteration i of the main
for-loop (Lines 3.2–3.15), some bits of word Ak are maliciously modified. If bit
di is equal to 1 and if the error is induced when counter j of the subsequent inner
for-loop (Lines 3.5–3.7) is less than k, then the modified Ak will not damage
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Input: M, d = (dn−1 , . . . , d0 )2 , N
Output: A = M d mod N
3.1 A ← 1; B ← M
3.2 for i from 0 to n − 1
3.3
if (di = 1) then
3.4
R←0
3.5
for j from m − 1 downto 0
3.6
R ← (R 2t + Aj B) mod N
3.7
endfor
3.8
A←R
3.9
endif
3.10 R ← 0
3.11 for j from m − 1 downto 0
3.12
R ← (R 2t + Bj B) mod N
3.13 endfor
3.14 B ← R
3.15 endfor
Fig. 3. (Interleaved) Right-to-left exponentiation – Algorithm 3.

the correctness of the final value of R. Eventually, after the restoring operation
A ← R (Line 3.8), the error located in register A will be cleared. Such kind of
temporary error will be called safe error. However, if an error is introduced in
word Ak while bit di is equal to 0 then register A is not cleared and the final
value will be incorrect. We thus have a simple means to know the value of bit
di .
After a very short period of initialization for some hardware registers and
ram memory, the right-to-left exponentiation algorithm (Algorithm 1) performs
a sequence of modular multiplications
{O1 , O2 , O3 , O4 , . . . , Oq }
where q is the sum of n and the Hamming weight of d.
The following cryptanalysis deriving the secret information d begins from the
extraction of d0 through dn−1 . Of course, random order extraction of bits di is
possible if required. During each bit derivation, the attacker guesses that di = 1.
If di is effectively equal to 1, then the exponentiation algorithm will compute
both
A ← A · B mod N
(denoted as Omult )
and
B ← B 2 mod N

(denoted as Osqu )

in that order. Then the attacker introduces the previously mentioned safe error
into register A during operation Omult being executed and brings no further
interruption to the hardware. The correctness of the guess can be verified via
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the output generated by the hardware. Taking again the rsa cryptosystem for
demonstration purpose, the attacker can raise the final output A to the eth
power as Ae mod N , where e is the public key corresponding to secret key d. If
this value is equal to the original number M , then the secret bit di being guessed
is indeed equal to 1, otherwise di = 0. This follows from the fact that if di = 0,
the operation Omult is bypassed and the introduced error into register A will no
longer be safe.
Almost all research results regarding fault-based cryptanalysis conclude that
the computations should be checked in order to prevent possible fault-based
attacks. The most interesting thing in the above attack is that even the hardware
is designed to refuse to release incorrect results, the attacker still gains the exact
knowledge of di because he knows that, in that case, the introduced error is not
safe and thus that di = 0. This clearly shows that checking before output does
not necessarily thwart fault-based attacks.
Remark: Someone may argue that the attack can easily be defeated if the
hardware re-calculates its output when it detects a fault (note that this means
that the hardware releases an output in every case). However, such faults can
still be detected by use of a timing attack. When the hardware re-calculates
a value after it detects an ‘un-safe’ fault it will take twice as long to output
an answer, and this should be glaringly obvious. Therefore, when the hardware
takes twice as long as usual to produce an output, we can deduce that an un-safe
error must have occured and proceed as before to conclude that di must be 0.
The following procedure summarizes the attack to recover the secret exponent
d.
`←1
for i from 0 to n − 1
Introduce a safe error into A during O`
and complete the exponentiation
if (output refused or incorrect) then
di ← 0; ` ← ` + 1
else
di ← 1; ` ← ` + 2
endif
endfor
Fig. 4. Proposed attack (right-to-left version).

3.3

Feasibility of the Attack

Three classes of hardware fault-based cryptanalysis can basically be distinguished: the first one assumes a very precise controllability of fault location,
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the second one only needs a loose controllability while the third one assumes absolutely no control over the location of the fault. In fact, some minimum required
controllability of fault location is always needed in order to induce a fault in an
exact register. Often, an attack with more precise controllability of fault location
can be achieved with less computation and fewer interactions with the hardware.
In the previous attack, the fault location assumption is not very restricted. It
can be traded off with the following assumption of fault occurrence time, e.g.,
the moment when the multiplication (Line 1.3 in Algorithm 1) is performed (an
assumption made in some existing attacks) or even, more precisely, the moment
when the interleaved multiplications (Line 3.6 in Algortihm 3) are performed. Of
course, such extremely precise timing controllability may be conceivable when
the attacker has the overall control of the hardware. For the timing controllability, it is important to notice that the clock signal of current smart IC cards
is supplied from the card reader. Our attack, however, does not require a very
precise timing controllability. Only an approximation on the time τ required to
perform a modular multiplication O` is needed. With this timing estimation and
the parameter m, a loose timing controllability of each interleaved multiplication
(Line 3.6) is possible.
As mentioned before, the total number q of modular multiplications to be
performed is the sum of n and the Hamming weight of d, q is thus equal to
1.5n, on average. Therefore a good estimation on τ can be easily obtained after
a few experiments (on some different cards) by dividing the time to compute
M d mod N by 1.5n. After obtaining τ , the tradeoff between fault location and
fault occurrence time goes as follows. If a more precise τ (and thus a more
precise timing controllability) is available, then it is more feasible to predict the
value of counter j of the inner for-loop (Lines 3.5–3.7) at any moment. This
follows from the fact that in each time period τ there are m modular operations
R ← (R 2t + Aj B) mod N to be performed; each operation taking τ /m second.
This more precise prediction of course relaxes, to some degree, the requirement of
precise controllability of fault location. For example, when the adversary knows
j = k, then he can introduce an error among words A` (m − 1 ≤ ` < k). On
the contrary, if the adversary possesses some techniques to introduce error at
a precise location (now he prefers the more significant positions of A), he can
therefore conduct a more loose control of timing.
About the classification of faults assumed in the fault-based cryptanalysis,
the fault type and the bit length of fault can be two good viewpoints. For the
problem of fault type, previously existing attacks assume a temporary fault to
be one of: stuck at 1 or 0 fault, flipping fault, or just random fault. Clearly, the
random fault model is the most general assumption and will make an attack
more practical. In the safe error based attack proposed in this paper, we assume
only the existence of random faults. From the viewpoint of bit length of the
error, both single-bit fault and multi-bit fault have been assumed in previously
existing attacks. Generally speaking, it is much difficult to induce a single-bit
fault precisely than to induce a block of faulty bits. The proposed safe error
based attack does not limit how many bits of fault should be induced into the
register A. The only requirement is that the bits to be corrupted belong to words
Aj that are no longer required.
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Speeding up the Attack

For some special cases, the recovery of exponent d can be speeded up. Once again,
we will use rsa for the illustration purpose. In rsa, the secret exponent d and
the public exponent e satisfy ed ≡ 1 (mod φ(N )), where φ is the Euler’s totient
function; or equivalently, there exists an integer k such that ed − kφ(N ) = 1.
+1)
c, a trivial argument
Since d < φ(N ), we have k < e. Letting d˜ = b 1+k(N
e
shows that the n/2 topmost bits of d˜ and d are the same [22, Proof of Fact 3.2].
So, for low exponent e, the attacker can try each candidate k < e, compute the
corresponding d˜ and recover the n/2 topmost bits of d if the correct value for
k is guessed. This guess can be checked from the knowledge of the n/2 least
significant bits of d.
Using a powerful technique due to Coppersmith [21], Boneh et al. [22] improved this bound and pointed out that only the n/4 least significant bits of d
suffice to recover the entire exponent d in the case of a low exponent e. On the
other hand, for “large” values of e, they showed that, given the factorization of
e and (at most) n/2 most significant bits of d, the entire secret exponent d can
also be recovered.

4

Extension to Other Implementations

Although we demonstrate the attack under the right-to-left exponentiation technique in the previous section, it can be easily verified that the attack still
works when the left-to-right exponentiation technique is employed for computing
M d mod N [17].
Input: M, d = (dn−1 , . . . , d0 )2 , N
Output: A = M d mod N
5.1 A ← 1
5.2 for i from n − 1 downto 0
5.3 A ← A2 mod N
5.4 if (di = 1) then A ← A · M mod N
5.5 endfor
Fig. 5. Left-to-right binary exponentiation – Algorithm 5.

It is important to note that when an error is introduced to register A during the operation A ← A2 mod N , it will force the squaring operation to be
incorrect. This is evident because the correct value of A is required during each
iteration of the interleaved modular multiplication procedure. However, if a safe
error is introduced into A during the operation A ← A · M mod N , then this
error will not damage the final result. The above attack is sketched hereafter.
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`←2
for i from n − 1 downto 0
Introduce a safe error into A during O`
and complete the exponentiation
if (output refused or incorrect) then
di ← 0; ` ← ` + 1
else
di ← 1; ` ← ` + 2
endif
endfor
Fig. 6. Proposed attack (left-to-right version).

Furthermore, when other types of interleaved multiplication algorithms scanning the multiplier from the least significant position are used, the attack can
still be modified to work easily.

5

Extension to Symmetric Cryptosystems

In [8], Biham and Shamir extended the Bellcore attack to an extremely different
branch: they considered fault-based cryptanalysis on symmetric cryptosystems,
e.g., the DES [23]. It is called the differential fault analysis (DFA) and it seems
to be applicable to almost all symmetric cryptosystems.
It might be worthwhile to notice that the potential attack described in this
paper can be extended to symmetric cryptosystems. The concept of safe error,
under the assumption that an adversary has only the knowledge of error or error
free from the hardware device, can be applied to these systems as well. The
theoretical work on the extension and exact cryptanalytic process for specific
systems are still under construction. These future research results, if proven to
be of practical value, will bring new understanding of precautions for symmetric
cryptosystems implemented within tamper-proof devices.

6

Concluding Remarks

In this paper, we demonstrate one type of new and powerful hardware faultbased attack based on the proposed safe error concept. These attacks (assuming
the fault-based cryptanalysis model, see Section 2) are shown to be powerful
because the cryptanalytic complexities, especially the computational complexity,
are quite small compared with other existing attacks. The purpose is to show
that checking the correctness of the computed result before giving it to others
may not be enough to prevent a hardware fault-based cryptanalysis. We not only
propose new attacks but also provide motivations for researchers and developers
in this field working on this rapidly growing important topic. However, this does
not imply that it is not possible or difficult to withstand such kind of new attacks,
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at least for the attacks considered in this paper. One simple solution, using the
right-to-left binary exponentiation for example, is to let register B play the role
of register A (to be as the multiplier) in the interleaved modular multiplication
procedure.
Since the hardware fault-based cryptanalysis is in essence an engineering
oriented cryptanalysis, the authors suggest cryptographic hardware designers to
carefully consider each possible implementation detail when developing a secure
system.
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